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Chautauqua.it

PAG.2 Chautauqua.it
Tutti i diritti riservati

Numeri naturali

"#$!%&&$'($!)$!*+%,'!-(%.+(%.$/'!0$&&1.'!%!/%0%##'!)+#!23445!&','!1,!67188'!)$!%&&$'($!
$)+%.$!%#!9$,+!)$!)+9$,$7+!%&&$'(%.$/%(+,.+!#:$,&$+(+!)+$!,1(+7$!,%.17%#$;

2; <&$&.+!1,!,1(+7'!,%.17%#+!4
=; >6,$!,1(+7'!,%.17%#+!?%!1,!,1(+7'!,%.17%#+!&1//+&&'7+
@; A1(+7$!)$0+7&$!?%,,'!&1//+&&'7$!)$0+7&$
B; 4!,',!C!$#!&1//+&&'7+!)$!%#/1,!,1(+7'!,%.17%#+
D; >6,$!&'..'$,&$+(+!)$!,1(+7$!,%.17%#$!/?+!/',.+,6%!#'!E+7'!+!$#!&1//+&&'7+!)$!'6,$!

87'87$'!+#+(+,.'!/'$,/$)+!/',!#:$,.+7'!$,&$+(+!)+$!,1(+7$!,%.17%#$

>66$!#$!)$%('!%&&'#1.%(+,.+!/'(+!F%,%#$!+!&/',.%.$!(%!8+7!('#.$!&+/'#$!,',!&$!C!&+,.$.%!#%!
,+/+&&$.G!)$!%0+7+!,1(+7$!/',!#%!0$76'#%H!97%E$',$!'!8+66$'!-,1(+7$!$77%E$',%#$H!$((%6$,%7$5;

I1%,)'!&$!$,/',.7%!1,!87'F#+(%!/?+!,',!&$!7$+&/+!%!7$&'#0+7+!/',!6#$!&.71(+,.$!%!
)$&8'&$E$',+H!&$!J%(8#$%K!#%!/','&/+,E%!+!#%!(%.+(%.$/%;!L%!/'&%!/%7$,%!C!/?+!M1+&.'!
%(8#$%(+,.'!8'$!%$1.%!%!&8$+6%7+!/'&+!%88%7+,.+(+,.+!&/'##+6%.+;

N!1,!/%&'!'!C!8+7/?O!#%!,'&.7%!/%8%/$.G!)$!/'(87+,&$',+!%)%..%!#%!7+%#.G!%6#$!&.71(+,.$!)$!/1$!
)$&8',+P

Rappresentazione e ordinamento

Q$!7%887+&+,.%,'!&1!1,%!7+..%!'7)$,%.%!/?+!8+7(+..+!)$!0$&1%#$EE%7+R!(%66$'7+H!($,'7+H!
($,'7+!'!161%#+;!L%!7+..%!)+$!,1(+7$!0%!/','&/$1.%!/'(+!#+!87'87$+!.%&/?+;

A!ST!A1(+7$!,%.17%#$!-4!C!/'(87+&'5;

Approfondimento

U!ST!A1(+7$!$,.+7$!-%,/?+!$!,+6%.$0$5;

I!ST!A1(+7$!7%E$',%#$!-/?+!&$!8'&&','!&/7$0+7+!/'(+!97%E$',+5;

V!ST!A1(+7$!7+%#$!-.1..$!$!81,.$!)+##%!7+..%5;

W!ST!,1(+7$!$((%6$,%7$!-#%!7+..%!)+$!,1(+7$!)$0+,.%!1,!8$%,'X5;

Operazioni e operandi

!""#$#%&'R!%))+,)$!+!&'((%

(%))*!$#%&'R!($,1+,)'S&'..7%+,)'!Y!)$99+7+,E%

+%,)#-,#.!$#%&#R!9%..'7$+!+!87')'..'

"#/#(#%&'R!)$0$)+,)'!R!)$0$&'7+!Y!M1'E$+,.+

-%)'&$!0 ,1(+7'!)$!0'#.+!8+7!/1$!&$!('#.$8#$/%;!Z%&+!+)!+&8',+,.+;



Chautauqua.it

PAG.3 Chautauqua.it
Tutti i diritti riservati

Q%7+FF+!/%7$,'!/','&/+7+!F+,+!$!.+7($,$;

Approfondimento

4!C!$#!,1(+7'!,+1.7'!7$&8+..'!%##%!&'((%;

2!C!$#!,1(+7'!,+1.7'!7$&8+..'!%##%!('#.$8#$/%E$',+!-8+7!M1+&.'!!! " $5

W,!1,%!('#.$8#$/%E$',+!$#!87')'..'!C!E+7'!&+!+!&'#'!&+!%#(+,'!1,'!)+$!9%..'7$!C!4!-,'11'2"#2
!&&3,,!+'&)%2"',2-*%"%))% +!1,%!/'&%!&+(8#$/+H!,'P!Q+70+!.%,.$&&$(+!0'#.+[5;

Proprietà delle potenze in N

4*%"%))%2"#2-%)'&$'2.%&2,!2()'((!25!('0 &$!&'((%,'!6#$!+&8',+,.$!% &" ' &# " &"$# " &%

63%$#'&)'2"#2-%)'&$'2.%&2,!2()'((!25!('0 &$!&'..7%66','!6#$!+&8',+,.$!% &&( &' " &&(' " &"

4%)'&$!2"#2-%)'&$'0 &$!('#.$8#$/%,'!6#$!+&8',+,.$!% )*#+' " *#)' " **

4*%"%))%2"#2-%)'&$'2.%&2,%2()'((%2'(-%&'&)'0 &$!('#.$8#$/%,'!#+!F%&+!% ,' ' &' " ), ' &+' "
*-'

63%$#'&)'2"#2-%)'&$'2.%&2,%2()'((%2'(-%&'&)'0 &$!)$0$)','!#+!F%&$;

Approfondimento

W((%6$,%!)$!+&&+7+!)%0%,.$!%!1,!($&.+7'!(%.+(%.$/'R!/','&/$!$#!7$&1#.%.'!9$,%#+!)$!1,%!
8'.+,E%H!(%!01'$!&/'87$7+!M1%#+!,1(+7'!C!&.%.'!+#+0%.'!%##\+&8',+,.+!8+7!'..+,+7#';!I1$!
+,.7%!$,!6$'/'!!"#"$%&'!()$;

W,!8%7'#+!&+(8#$/$H!$#!#'6%7$.('!&$!/?$+)+R!*+#,-&".#/$(.01&#2.3$#.".3&'.#-0&#4.'(&#5&6.#
/.'#$((.0.'.#,-.6($#0-).'$78

W#!#'6%7$.('!C!$#!/16$,'!1,!8'\!,+7)!)+##+!8'.+,E+H!M1+##'!/?+!,',!&$!%//',.+,.%!)$!('#.$8#$/%7+!
,1(+7$!&1!,1(+7$H!(%!01'#+!9%7+!#\$,0+&.$6%.'7+;

]$'O!&+!. " /+H!%##'7%!. C!$#!#'6%7$.('!$,!F%&+!! )$!5H!/$'O!0 " 123,.

Q+!$#!#'6%7$.('!C!1,!$,0+&.$6%.'7+H!$#!"$%&'!()$#0&(-'&". C!Q?+7#'/^!_'#(+&;!`&%!1,%!F%&+!
&8+/$%#+H!J+K!-/$7/%!=Ha2b5H!/?+!&+(F7%!&.7%,%!(%!C!6+,$%#+;!N!$#!#'6%7$.('!/?+!.7'0$!,+##+!
&.'7$+!)$!/7+&/$.%!+&8',+,E$%#+R!8'8'#%E$',$H!F%..+7$H!$,.+7+&&$!/'(8'&.$H!+!8+79$,'!(+(+!/?+!
)$0+,.%,'!0$7%#$;!Q?+7#'/^H!#,4-c5H!%(%!7$&'#0+7+!$!/%&$!8$d!)$99$/$#$H!.$8'R

e JI1%,.$!6$'7,$!&+70','!8+7/?O!M1+&.'!0$)+'!)$!6%..$,$!%FF$%!2!($#$',+!)$!
0$&1%#$EE%E$',$H!&+!7%))'88$%!'6,$!6$'7,'PK
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PAG.4 Chautauqua.it
Tutti i diritti riservati

Espressioni

`,\+&87+&&$',+!$,)$/%!1,!$,&$+(+!)$!'8+7%E$',$!)%!&0'#6+7+!$,!1,!'7)$,+!87+/$&';

L%!8'.+,E%!?%!#%!87+/+)+,E%!&1!.1..+!#+!%#.7+!'8+7%E$',$;!f'#.$8#$/%E$',$!+!)$0$&$',$!?%,,'!#%!
87+/+)+,E%!&1!%))$E$',$!+!&'..7%E$',$;

I1%,)'!('#.$8#$/%E$',$!+!)$0$&$',$!&','!1,%!)'8'!#\%#.7%H!)+0','!+&&+7+!+&+61$.+!,+##\'7)$,+!
$,!/1$!/'(8%$','!)%!&$,$&.7%!%!)+&.7%;

L+!87+/+)+,E+!)+$!/%#/'#$!8'&&','!+&&+7+!/%(F$%.+!1&%,)'!#+!8%7+,.+&$;

Espressioni letterali

N!%,/?+!8'&&$F$#+!/',&$)+7%7+!+&87+&&$',$!#+..+7%#$!/',!1,%!'!8$d!0%7$%F$#$;

W#!&$(F'#'!)$!('#.$8#$/%E$',+!.7%!8%7.+!,1(+7$/%!+!8%7.+!#+..+7%#+!C!&8+&&'!&'..$,.+&';

Divisibilità

N!8$d!)$99$/$#+!)%!#+66+7#%!/?+!)%!7$/'7)%7+;!Q+!&$!9%,,'!=!'!@!+&+7/$E$!8'$!&$!7$/'7)%!8+7!
&+(87+X!+!&+70+;

2 g1..$

= *%7$

@ )$6$.&1(

B )$0$&$F$#+!8+7!=H!=!0'#.+H!#+!1#.$(+!=!/$97+

D 9$,$&/+!8+7!4!'!D

h 8%7$!+!)$0$&$F$#+!8+7!@

a D!c!1#.$(%i/$97%!j!7+&.'!-%,/?+!7$/'7&$0'5

b 1#.$(+!@!/$97+

3 )$6$.&1(

24 9$,$&/+!8+7!4

22 &'((%!%#.+7,%.%!)$!j!+!S;

2= )$0$&$F$#+!8+7!@!+!8+7!B
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PAG.5 Chautauqua.it
Tutti i diritti riservati

Multipli, divisori, MCD, mcm

MCD e mcm

k7%!=!,1(+7$!,%.17%#$!)$0+7&$!)%!E+7'R

$#!+!((#+%2.%+3&'2"#/#(%*'2789:; C!$#!8$d!67%,)+!97%!$!#'7'!)$0$&'7$!/'(1,$l

$#!+#&#+%2.%+3&'2+3,)#-,%27+.+; C!$#!8$d!8$//'#'!97%!$!#'7'!(1#.$8#$!/'(1,$!)$0+7&$!)%!E+7';

Q+!&/'(8',$%('!$,!9%..'7$!87$($R

$#!f]m!C!$#!87')'..'!)+$!9%..'7$!/'(1,$H!87+&$!1,%!&'#%!0'#.%H!/',!#\+&8',+,.+!($,'7+l

$#!(/(!C!$#!87')'..'!)$!.1..$!$!9%..'7$!/'(1,$!+!,',!/'(1,$H!87+&$!1,%!&'#%!0'#.%H!/',!
#\+&8',+,.+!(%66$'7+;

Q+!=!,1(+7$!,',!?%,,'!9%..'7$!$,!/'(1,+!)$0+7&$!)%!2H!)$/$%('!/?+!&','!-*#+#2<*!2,%*%;

Approfondimento: algoritmo di Euclide

L:%#6'7$.('!)$!<1/#$)+!C!1,!(+.')'!&+(8#$/+!+)!+99$/%/+!8+7!.7'0%7+!$#!9&66!)$#:$)-0.#
;!3!6$'.#<9:;= )$!)1+!,1(+7$;!Q$!F%&%!&1##:$)+%!/?+!$#!f]m!)$!)1+!,1(+7$!,',!/%(F$%!&+!
&'..7%$%('!$#!,1(+7'!8$d!8$//'#'!)%#!8$d!67%,)+H!'H!$,!(')'!+M1$0%#+,.+H!&+!87+,)$%('!$#!
7+&.'!)+##%!)$0$&$',+!.7%!)$!+&&$;

Passi dell'algoritmo

2; *7+,)$!)1+!,1(+7$!%!+!FH!/',!%TF
=; ]%#/'#%!$#!7+&.'!)+##%!)$0$&$',+!)$!%!8+7!FH!/$'C!7!Y!%!(')nnF
@; Q'&.$.1$&/$!%!/',!F!+!F!/',!7
B; V$8+.$!$#!87'/+&&'!9$,'!%!M1%,)'!FY4;

W#!0%#'7+!)$!J%K!%!M1+&.'!81,.'!C!$#!f]m;

Perché funziona?

L:%#6'7$.('!&971..%!1,%!87'87$+.G!9',)%(+,.%#+!)+#!f]mR!$#!f]m!)$!)1+!,1(+7$!,',!/%(F$%!
&+!&'&.$.1$%('!1,'!)+$!)1+!/',!$#!#'7'!7+&.';!I1+&.'!&$6,$9$/%!/?+!8'&&$%('!7$)177+!
67%)1%#(+,.+!$!,1(+7$!9$,'!%!'..+,+7+!$#!7$&1#.%.'!&+,E%!(%$!8+7)+7+!$#!/'77+..'!0%#'7+!)+#!
f]m;

Esempio pratico: MCD di 252 e 105

2; W,$E$%('!/',!%Y=D=!+!FY24D
]%#/'#$%('!$#!7+&.'R
7!Y!!=D=!(')nn24D!Y!B=
>7%!&'&.$.1$%('R!%Y24DH!FYB=



Chautauqua.it

PAG.6 Chautauqua.it
Tutti i diritti riservati

=; V$8+.$%('!$#!87'/+&&'R
7!Y!24D!(')nnB=!Y!=2
Q'&.$.1$%('R!%YB=H!FY=2

@; `,%!0'#.%!%,/'7%R
7!Y!B=!(')nn=2Y!4
I1%,)'!FY4H!/$!9+7($%(';!W#!f]m!C!%Y=2[

Perché è così utile?

L:%#6'7$.('!)$!<1/#$)+!CR

e >."$4.R!V$)1/+!$!,1(+7$!7%8$)%(+,.+H!&8+/$%#(+,.+!/',!,1(+7$!67%,)$;
e >.'6&(!".R!*1o!+&&+7+!%88#$/%.'!%!,1(+7$!$,.+7$!8'&$.$0$!'!%!8'#$,'($!-$,!%#6+F7%!

%0%,E%.%5;
e ?$02&).0(&".R!N!%##%!F%&+!)$!('#.+!'8+7%E$',$!(%.+(%.$/?+H!/'(+!#%!

&+(8#$9$/%E$',+!)+##+!97%E$',$!+!6#$!%#6'7$.($!/7$..'67%9$/$!-+&;!VQp5;

Esercizi

:'<=0 1,!,1(+7'!,%.17%#+!! C!1,!(1#.$8#'!)$!1,!,1(+7'!,%.17%#+!5 &+!+&$&.+!1,!,1(+7'!
,%.17%#+!> /?+!('#.$8#$/%.'!8+7!52)%!!;

:'<=0 1,!,1(+7'!,%.17%#+!52)$0+7&'!)%!E+7'!C!)$0$&'7+!)$!1,!%#.7'!,1(+7'!,%.17%#+!! &+!#%!
)$0$&$',+!97%!M1+&.\1#.$('!+!$#!,1(+7'!)%.'!C!+&%..%;

W!(1#.$8#$!)$!=!&','!$!,1(+7$!8%7$!+!&$!$,)$/%,'!/',!*!5 6! 7 8;

W!,1(+7$!)$&8%7$!&$!$,)$/%,'!/',!=,!j!2;

`,!,1(+7'!,%.17%#+!)$0+7&'!)%!E+7'!+!)%!2!C!1,!0-).'$#/'!)$ &+!?%!/'(+!)$0$&'7$!&'#'!&+!
&.+&&'!+!2;

`,!,1(+7'!,',!87$('!81o!+&&+7+!&/'(8'&.'!/'(+!87')'..'!$,!9%..'7$!87$($H!'00+7'!/'(+!
87')'..'!)$!8'.+,E+!)$!,1(+7$!87$($;

>!2.$@ ]'(+!#%!(1&$/%!7$&'#0+7G $#!87'F#+(%!)+$!,1(+7$!87$($!S L%!&.'7$%!)+##:$8'.+&$!)$!
V$+(%,,

"#$%&'('!#)'!*)+,'-+'!$!.'/'#0%'

2; A02!3!2-&#!#)-"(!/"!#2!#-0#0-).'$
Q/7$0$!$!87$($!24!(1#.$8#$!)$!aa!+!)$!2=2=;!I1%#!C!$#!87$('!(1#.$8#'!/'(1,+P

=; B'$3&#!#2!3!6$'!#2!#-0#0-).'$
<#+,/%!.1..$!$!)$0$&'7$!)+$!&+61+,.$!,1(+7$R
%5!@h@h

https://www.youtube.com/watch?v=Cg4FMhofxP0
https://www.youtube.com/watch?v=Cg4FMhofxP0
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PAG.7 Chautauqua.it
Tutti i diritti riservati

F5!BbBb
/5!h4h4

@; 9-"(!/"$#$#2!3!6$'.7
m+.+7($,%!&+!#+!&+61+,.$!%99+7(%E$',$!&','!0+7+!'!9%#&+R
%5!BB!C!1,!)$0$&'7+!)$!=b=b;
F5!BDBD!C!1,!(1#.$8#'!)$!33;
/5!2@2@!C!1,!)$0$&'7+!)$!2Dh2Dh;

B; ;!3!6!5!"!(C#4$0#/'$3.
q+7$9$/%!&+!$!&+61+,.$!,1(+7$!&','!)$0$&$F$#$!8+7!@@H!DDH!+!aaR
%5!24D24D
F5!bBbB
/5!=24=24

"#$%&'('!#)!123!415##'*0!20*)6$!3'/'#0%$7

D; :&"4$"&#"D9:;#-6&02$#!#2!3!6$'!
%5!@h@h!+!h4h4
F5!b2b2!+!DBDB
/5!=B=BH!@h@hH!+!a=a=

h; E'$5".)!#/'&(!4!#6-""D9:;
%5!`,!8%&.$//+7+!01'#+!)$0$)+7+!@h@h!F$&/'..$!+!BbBb!(199$,!$,!/',9+E$',$!161%#$!
&+,E%!/?+!,+!%0%,E$!,+&&1,';!I1%#!C!$#!(%&&$('!,1(+7'!)$!/',9+E$',$!/?+!81o!
87+8%7%7+P
F5!m1+!/$/#$&.$!8+7/'77','!7$&8+..$0%(+,.+!2b2b!^(!+!=B=B!^(!$,!1,\'7%;!m'8'!M1%,.$!
/?$#'(+.7$!&$!$,/',.7+7%,,'!,1'0%(+,.+!,+##'!&.+&&'!81,.'P

"#$%&'('!#)!*&*!4*'6'*0!&0*)6$!*)+,'-+07

b; :&"4$"&#"D)4)#-6&02$#!#)-"(!/"!
g7'0%!$#!($,$('!/'(1,+!(1#.$8#'!)+$!&+61+,.$!,1(+7$!+#+,/%,)'!$!#'7'!(1#.$8#$R
%5!bb!+!2=2=
F5!2D2D!+!=4=4
/5!33H!2=2=H!+!2b2b

3; )4)#4$0#F&(($'!11&1!$0.
g7'0%!#\(/(!1&%,)'!#%!&/'(8'&$E$',+!$,!9%..'7$!87$($R
%5!=B=B!+!@h@h
F5!BbBb!+!h4h4
/5!@=@=H!BbBbH!+!a=a=
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PAG.8 Chautauqua.it
Tutti i diritti riservati

24; E'$5".)!#/'&(!4!#6-""D)4)
%5!m1+!%1.'F1&!8%7.','!)%##%!&.+&&%!&.%E$',+;!`,'!?%!1,!$,.+70%##'!)$!2=2=!($,1.$H!
#\%#.7'!)$!2b2b!($,1.$;!m'8'!M1%,.$!($,1.$!8%7.$7%,,'!)$!,1'0'!$,&$+(+P
F5!m1+!#%(8%)$,+!&$!%//+,)','!/',.+(8'7%,+%(+,.+;!`,%!#%(8+66$%!'6,$!DD!
&+/',)$H!#\%#.7%!'6,$!bb!&+/',)$;!m'8'!M1%,.$!&+/',)$!&$!7$%//+,)+7%,,'!$,&$+(+P




